When g is univalent in U, then f is subordinated to g which is equivalent to f U ⊂ g U and f 0 g 0 . In a recent paper, Miller for appropriate parameters α and γ. The investigation of such functions f can be seen as an extension to the study of the class
The class R α, h or its variations for an appropriate function h have been investigated in several works; see, for example, 2-10 and more recently 11, 12 .
Results on Differential Subordination
We first recall the definition of best dominant solution of a differential subordination. In the following sequel, we will assume that h is an analytic convex function in U with h 0 1. For α ≥ γ ≥ 0, consider the third-order differential equation
We will denote the class consisting of all solutions f ∈ A as R α, γ, h , that is,
The discriminant is denoted by Δ : α − γ 2 − 4γ. Note that Re μ ≥ 0 and Re ν ≥ 0.
We will rewrite the solution of
in its equivalent integral form
It follows from relations 2.4 that
2.7
Thus,
Making the substitution w zs ν in the above integral and integrating again, a change of variables yields f z 
2.11
Then the function q z
and q is the best dominant.
Proof. It follows from 2.10 that 
2.14
Since the convolution of two convex functions is convex 15 , the function q is convex. Let p z f z νzf z .
2.15
Then,
It is known from 16 that 
2.19
The differential chain
shows that q ≺ h. Since q z αzq z γz 2 q z h z , the function
is a solution of the differential subordination f z αzf z γz 2 f z ≺ h z , and thus q ≺ q for all dominants q. Hence, q is the best dominant. 
2 The above proof also reveals that 
2.24
Proof.
2.25
With φ 1 given by 2.10 , this subordination implies
In this paper, starlikeness properties will be investigated for functions f given by a double integral operator of the form 1.3 .
Applications
First, we consider a class of convex univalent functions h so that h U is symmetric with respect to the real axis. Denote by R α, γ, A, B the class
where −1 ≤ B < A ≤ 1, and let h z; A, B 1 Az / 1 Bz . When A 1 − 2β and B −1, let h β z : h z; 1 − 2β, −1 . The class of R α, γ, h β is of particular significance, and we will simply denote it by
3.2
Equivalently,
The following result is an immediate consequence of Theorems 2.2 and 2.4. 
Theorem 3.1. Under the assumptions of Theorem 2.2, if
f z αzf z γz 2 f z ≺ 1 Az 1 Bz , 3.4 then f z ≺ ⎧ ⎪ ⎪ ⎨ ⎪ ⎪ ⎩ q z; A, B ≺ 1 Az 1 Bz , if B / 0, q z; A ≺ 1 Az, if B 0,
Starlikeness Property
Starlikeness properties of functions given by a double integral operator are investigated in this section. The following result will be required. 
